In this paper, we study the boundedness of the fractional integral with variable kernel. Under some assumptions, we prove that such kind of operators is bounded from the variable exponent Herz-Morrey spaces to the variable exponent Herz-Morrey spaces.
Introduction
Let 0 n µ < < , ( ) ( )( ) [6] introduced variable exponent Lebesgue and Sobolev spaces as a new method for dealing with nonlinear Dirichet boundary value problem. Then, variable problem and differential equation with variable exponent are intensively developed. In last years, more and more researchers have been interested in the theory of the variable exponent function space and its applications. The class of Herz-Morrey spaces with variable exponent is initially defined by the author [7] , and the boundedness of vector-valued sub-linear operator and fractional integral on Herz-Morrey spaces with variable exponent was introduced by authors [7] and [8] . We also note that Herz-Morrey spaces with variable exponent are generalization of Morrey-Herz spaces [9] and Herz spaces with variable exponent [10] . Recently, Wang Zijian and Zhu Yueping [11] proved the boundedness of multilinear fractional integral operators on Herz-Morrey spaces with variable exponent.
The main purpose of this paper is to establish the boundedness of the fractional integral with variable kernel 
Definition of Function Spaces with Variable Exponent
In this section we define Lebesgue spaces and Herz-Morrey spaces with variable exponent.
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Let E be a measurable set in n  with 0 E > . We first defined Lebesgue spaces with variable exponent. 
The Lebesgue spaces
is a Banach spaces with the norm defined by
Let M be the Hardy-Littlewood maximal operator. We denote
to be the set of all function
and 0 λ ≤ < ∞ . The Herz-Morrey spaces with variable exponent
, , \ 0 :
Comparing the Homogeneous Herz-Morrey Spaces with variable exponent with the homogeneous Herz spaces with variable exponent, where
Properties of Variable Exponent
In this section we state some properties of variable exponent belonging to the class
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Proposition 3.2. (see [13] ) Suppose that 
Now, we need recall some lemmas
have that for all function f and g,
then for all measurable function f and g, we have 
, there exist a constant 0 C > such that for any balls B in n  . we have
Main Theorem and Its Proof
In this section we prove the boundedness of fractional integral with variable kernel on variable exponent HerzMorrey spaces under some conditions. Theorem A. Suppose that 
sup 2 2 
Below, we first estimate 1 U using size condition of j f . Minkowski inequality when 1 
Using Lemma 3.1, Lemma 3.5 and Lemma 3.6, we obtain ( ) 
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